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AZKHZH 5. (XYNAPTHZEIZ KAl OPIA / Mg Baon tnv KUBLKA TautotnTo)
NIKOZ TOYNTAZ

‘Eotw n ouvdptnon f(x) = x3 — 6x(x — 2) — 6,x € Rkat f(R) = R
o) Na deiéete 6tLn f elval yvnoilwg avéovoa oto R.
B) Na Seifete otLn f avtiotpédetal kat va Bpeite Tov tUmo g aviiotpodng £ 1.

y) Na xapdéete oto (8to cUotnpa cuvtetaypévwy tnv Cf kaw tnv Cf L.

: L T “1(4,3 _ ) _ 8
8) Na urtoloyioete to dplo: X1_1)r_noo (f (x° —x) f(x)).

€) Na g Stadopeg TYEC Tou aplBpol 1 pe 1 € R va umtoAoyioste To 6pLo:

D3 (x 2(x)—
lim ((u DE () +pf(x) 2).

(u—Z)fz (x)+3f(x)+1

X—>—00

ZYNTOMEZ ENAEIKTIKEZ AYZEIZ KAl 2XOAIA
o) f(x)=x3—-6x(x—2)—6=x3—-6x2+12x—6=x3-6x>+12x—8+2=(x—2)3+2

MakdBe x1,x2 ERpexl < y2=yl—-2<y2-2=x1-23<x2-2)3>
= x1-2)3+2<(x2-2)%+2>f(x1) < f(x2)
Apanf 7 otoR.

ZXOAIO: Eivoit onpovTIKO VAl RV EEXVAE TNV KUPBLKI TOUTOTNTA KL VA NV 8iVvOUpE
Hovov Eudaon otnV CUUIANPWGCN TETPAYWVOU aAAAQ KoL 0TV cUMITA|pwaon KUBou.

B) Adou f /7 tote elval 1-1 dpa avtiotpEdetal.
Max€ERkaly ER éotwy=fx) =2 y=(x—-2)>+2=>y-2=(x—-2)3>
Avy—220:>y22t<')te:=>3y—2=x—2=>x=i/yTZ+2
Avy—2<O=>y<2téte:=>—i/m=x—2=>x=—i/m+2
Apa f1(x) ={3\/x—2+2 , X =2
—2—x4+2,x<?2

ZXOAIO: Navta yia va pL{CcOoUE TIOLLPVOUHE TIEPLITTWOELG YLOL TO TPOON L0

onwg ocuppaivel kat pe TRV ePeON TG avtiotpodng TG x3.
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v) Oa xapa&oupue tnv Cf pe petatonion katd 2 povadeg mpog ta de€Ld ko 2 pHovadeg
TIPOC TOL TLAVW TNC YVWOTAS GuUVAPTNONC X Kot Ba oXeSLECOUE OTNV CUVEXELA TV
avtiotpodn CUMHPETPLKA WG POC TNV y=X. (BAEéme mapakdtw oxnua)

310 mpwto oxrpa paivovral n Cf pe Tnv x3. Ito Sevtepo oxrpa maptotdvovtat ot Cf
KoL n avtiotpodn Tne.

7
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ZXOAIO: Eivat onUovtikO o€ OAEG TLG BACLKEG CUVAPTIOELG TTOU EEPOULLE TLG
VPOAPLKEG TOUG VO LTTOPOULE VOL KAVOULLE LETATOTILOELG.

8) 10 —o0 0 TUTOC TNC avtiotpodnc ivat: fF1(x) = =32 — x + 2

lim (f_l(X3—X)—i)= lim (—3\/2+x—x3+2——8 ):

X0 f(x)) ~ xoms (x—2)% + 2

. o5 1 2 _ 3 1 2
= tim | [ (1 )+ 20 ) = im e (- ) v ) =

= —w(m+ 2) = —00

IXOAIO: MPOZOXH oTig mepLTTAG TAENC pileg oto Mpoono otav ByAloulE KOO

napayovta.

g i i (EDE@HE-2) ()2 _
€ Av p = 1 tote: xl—l>r—noo((u—2)f2(x)+3f(X)+1) = lim (—f2<X)+3f(x)+1) =

_ . (=2)%*+2)2-2 — qim (X)) = —
= Jm (—((x—2)3+2)2+3((x—2)3+2)2) = Jim (—x6) =1

oo ,Xq._m -DP@+uf(D-2) _ . P 42202 _
Av _2tOts.xEr—noo((u—Z)fZ(x)+3f(X)+1) _x1—1>I—Iloo( 3(x)+1 )_

= lim

X—>—00 X—>—00 X6 X—>—00

—1)(x 2(x)— DA (x
Av u < 1 tote: lim ((” DECI+uf () 2) = lim (—(” l)f())

00 (p—Z)fz(x)+3f(x)+1 (p—2)f* (%)
. <(u — D((x-2)° +2) ) . ((u — 1)x9> o ((u — 1)x3> _
= lim ;| = lim {——F | = lim | ———— | = —®
x>0 \ (1 — 2)((x — 2)% + 2) x>0 \ (L — 2)x x>-o0 \ (L—2)

o (p-DP@+pff (0)-2) _ .. (-DF Y _
Avl<p<2Zrvote: lim ( (p—2)f2(x)+3f(x)+1) = Jm ((u—Z)fZ(X)) B

= lim ((Il ~ D=2+ 2)3> = lim (_(ll _ 1)X9> = lim <—(Ll _ 1)X3> =
om0 \(L—2)((x-2)°%+2)°) o \(L—2)x) xo-o\ (p—2)

3 3 3 2 o
(((x—z) +2) +2((x—21 +2) -2\ (X—>= lim (X) = —eo
3((x—2)°+2)

(u—1>f3<;+u_fzg—020) - (=D
( ) = tim, () =

(n—2)f2 () +3f(x)+1 (n—2)f*(x)

Av u > 2 tote: lim

X—>—00 X——00
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= lim (01_ D=2+ 2)3> = lim <(p.——1)x9> = lim <(u_—1)xs> = —00
om0 \(n—2)((x—-2)° +2)°) -2 \(L—2)x°) xo-o\ (p—2)

IXOAIO: Z€ TéToloU £i60UG ALOKAOELG TIPEMEL VA EeTATOVNE KABE epintwon.
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